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, 2 $f(x, y)\in \mathrm{K}[.x, y]$ ( $\mathrm{K}$ $0$ ) ,
$f(\phi, \psi)\equiv 0$ $\mathrm{K}$ $\phi(t),$ $\psi(t)\in \mathrm{K}(t)$
.
16.2
$V$ , . ,
$V=\{(x, y)|x^{4}-2x^{2}y+y^{2}-y^{3}=0, x, y\in \mathrm{C}\}$
,
$V= \{(\phi(t), \psi(t))|\phi(t)=\frac{1-t^{2}}{t^{3}},$ $\psi(t)=\frac{(1-t^{2})^{2}}{t^{4}}$ , $t\in \mathrm{C}\}$
. $V$
, .
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Gr\"obner Arnon Sederberg
[1]. ( ) ,
$0$
.
Walker [7], Abhyankar&Bajaj [8], Sendra&Winkler $[2],[3],[4]$
, . $‘((1)$




$\mathrm{K}$ $0$ , $\mathrm{A}^{k},$ $\mathrm{P}^{k}$ $\mathrm{K}$ , . $(a, b)\in \mathrm{A}^{2}$
$(a : b:1)\in \mathrm{P}^{2}$ – , .
$\mathrm{K}$ $C=\{(a, b)\in \mathrm{A}^{2}|f(a, b)=0, f(x, y)\in \mathrm{K}[x, y]\}$ , $f$
$C$ . $f$ $d$ $C$ .
$f(x, y)=f_{d}(x, y)+fd-1(x, y)+\cdots+fo(_{X}, y)$ ,
$(f_{d}(x, y)\neq 0,$ $f_{k}(x, y),$ $0\leq k\leq d$ $k$ )
, $f$
$F(x, y, z)=f_{d}(X, y)+fd-1(x, y)\cdot z+\cdots+f\mathrm{o}(x, y)\cdot zd$
. $d$ . $C$
$C^{*}=\{(\mathit{0} : b : c)\in \mathrm{P}^{2}|F(a, b, c)=0, F(x, y, z)\in \mathrm{K}[x, y, z]\}$
.
1 $f(x, y)\in \mathrm{K}[x, y]$ $C$ (rational)
1, 2 $\emptyset(t),$ $\psi(t)\in \mathrm{K}(t)$ .
1. $to\in \mathrm{K}$ , $(\phi(to), \psi(t_{0}))$ $C$
2. $C$ $(x\mathrm{o}, y\mathrm{o})$ , $\exists$ $to\in \mathrm{K}s.i$ . $(x\mathrm{o}, ?/0)=(\phi(t0), \psi(t_{\mathrm{o}}))$ .
$\blacksquare$
.





2 $\mathrm{A}^{2}$ $(0,0)$ , $\mathrm{A}^{2}\cross \mathrm{P}^{1}$
$W=\{((a, b), (c\mathit{0} : c_{1}))\in \mathrm{A}^{2}\mathrm{x}\mathrm{P}^{1}|ac_{1}-bc_{\mathrm{O}}=0\}$




. $f(x, y)=0$ x $(0,0)$ , 3 .
, 1 1 .
$y=tx$ $f(x, y)=0$ .
$\{$
$\mathrm{r}\mathrm{e}\mathrm{s}\mathrm{u}\mathrm{l}\tan\iota$ ($yf$, y–tx) $=$ $X^{3}(-t^{4}x+t^{3} - 2t^{2}x-3t-x)$
resultant (x $f$, y–tx) $=$ $y^{3}(-t^{4}y+t^{4}-2t^{2}y-3t^{2}-y)$
$x=$ $\phi(t)$ $=$ $\frac{t^{3}-3t}{t^{4}+2t^{2}+1}$

















$f_{2}(_{X_{2},\tau/}2)$ $=$ $y_{2}^{-2}\cdot f(x2?J\circ\sim’ y_{2})$
$=$ $(_{X_{2^{-1}}})2-X2\mathrm{t}J_{\sim}\circ 2$ .











. (3), (2), (1) ,






. $f(x, y)$ $F(x, y, z)$
$F(x, y, z)=x^{4}+2x^{2}y^{2}+8x^{2}y_{Z}-16XZ^{2}2+y^{4}+8y^{3}z$
. $f(x, y)=0$ $g(y, z)=F(1, y, z)$
. , $(?j, Z)=(\phi(t),\psi(t))$ $g=0$ ,
























. (6), (5), (4) ,
$(x : y : z)$ $=$ $(1$ : $\frac{-t^{2}+16}{8t}$ : $\frac{t^{4}+32t+2256}{64t^{3}})$





$y(t)$ $=$ $\frac{40960t-418432\mathrm{o}t+230480\mathrm{o}t^{2}+1152\mathrm{o}t-12960}{430336t4-94464t3+58976t^{2}-5904t+1681}$ .
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